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ABSTRACT The voltage and time-dependence of the tetrodotoxin sensitive, fast sodium
current in cardiac muscle is described with the Hodgkin-Huxley formalism using two-
microelectrode, voltage-clamp data obtained by Ebihara et al. (1980, J. Gen. Physiol.,
75:437) from small spherical clusters of tissue-cultured 1 1-d-old embryonic heart cells. The
data chosen from that study for quantitative analysis was obtained at 370C and in standard
tissue-culture medium; it was not smoothed, and the capacitive transient was sufficiently brief
to make its removal unnecessary. The sodium current, INa, is considered to be given by the
following equation: INa = gN,m h(V - VNa), where kNa is a constant (23 mS), VNa is the sodium
equilibrium potential (29 mV), and m and h are independent, first order, dimensionless
variables, which can vary between 0 and 1, as defined by the following differential equations.
dm/dt = am(l - m) - fl,,,m and dh/dt - ah(l - h) - #,hh, where the rate coefficients,
am [0.32 x (V+ 47.13)J/[1-exp(V+ 47.13)] and ,m = 0.08 x exp (-V/Il). For
potentials more positive than -40 mV, ah - 0 and #,% - 1/0.13 {exp [(V + 10.66)/-11.11 +
1i, and for potentials more negative than -40 mV, ah - 0.135 x exp [(-80 - V)/6.8] and
h 3.56 x exp (0.079V) + 3.1 x I05 exp (0.35 V). These functions of potential are similar to

those of the squid at 1 50C, except that their magnitudes are larger (faster). Using these model
equations the membrane current in a membrane patch with and without a series resistance was
simulated. For the value of series resistance estimated for the preparation from which the
anaylzed data were obtained, the effects of series resistance on the shape and magnitude of the
inward transient current were found to be minimal. It was concluded that there should be no
large errors in the data, even in the absence of complete series resistance compensation.

INTRODUCTION

Voltage-clamp studies of the ionic currents in cardiac muscle have been greatly hampered by
the complex morphology of most naturally occurring preparations of cardiac muscle and by
limitations in available voltage-clamp techniques (Johnson and Lieberman, 1971; Reuter,
1979). This is especially true for the early fast sodium current. There is no detailed
information about its kinetic behavior under physiological conditions. The one existing
voltage-clamp study of the activation and inactivation kinetics of the sodium current suggests
that the voltage and time dependence of the rate coefficients of activation and inactivation in
sheep Purkinje fibers at 80C is similar in form but about an order of magnitude slower than
that in the squid giant axon at 150C. On the basis of comparison of this data with data
obtained at 200C, Dudel and Rudel (1970) predicted that the sodium current should
inactivate in less than a millisecond at body temperature. This prediction has since been
confirmed by the more recent studies of Ebihara et al. (1980).
Some information about the inactivation process has also been gained by using the
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maximum rate of depolarization of the action potential, Vmax, as an index of the sodium
current. Using a modified voltage-clamp technique, Weidman (1955) showed that the
steady-state inactivation curve for Vmax has a sigmoidal dependence on membrane potential,
similar to the squid giant axon, except that it is steeper by a factor of 1.4. Furthermore, he
showed that the time-course of reactivation had a time constant at 370C varying from 1.4 ms
at -106 mV to 10.5 msat -80mV.
The aim of our paper is to provide a quantitative description of the kinetics of the sodium

carrying mechanism using voltage-clamp data obtained from small spherical clusters of
tissue-cultured heart cells. Using the two-microelectrode voltage-clamp technique at 370C in
standard tissue culture medium, Ebihara et al. (1980) demonstrated that in such preparations
the kinetics of the fast sodium current could be accounted for equally well by either a coupled
or uncoupled kinetic model. We therefore fit our kinetic data to the model of Hodgkin and
Huxley (1952) to facilitate the comparison of our kinetics with those of other studies.

METHODS

The experimental apparatus and protocol, as well as the tissue-cultured spherical cluster of heart cells
from which the experimental data used in this paper were obtained, have been described in detail
previously (Ebihara et al., 1980). Briefly, the protocol was to record membrane currents during
depolarizing voltage-clamp steps from a holding potential of -60 mV. A PDP 11/40 computer (Digital
Equipment Corp. Marlboro, Mass.) was used as an on-line data control and data collection system.
700-ms intervals were allowed between depolarizing voltage-clamp steps; all experimental data
presented in this paper were obtained at 370C in standard culture medium. D600-hydrochloride (Knoll,
Ludwigshafen an Rhein) (1.25 jg/ml) was used to block time-dependent late currents and to linearize
the leakage current in the physiological range (-80 to +20 mV). The data chosen from the study of
Ebihara et al. (1980) for quantitative analysis in this paper was not smoothed, nor (because of its
brevity) was the initial capacitive transient removed. To take account of the outward rectification of the
leakage current at potentials more positive than -20 mV, the traces were fitted to a flat baseline by
linear regression analysis and the curves redrawn relative to the fitted baseline. To avoid contamination
of the activation phase of the current by the capacitive transient, only points occurring at times later
than three time constants of the capacitive transient after its peak were used in the fitting of activation
parameters. The data were then fitted to the expression

INa gNamh(V -VNa), (1)

where

m(V, t) = m,(V) - [mi (V) - mo(V)] exp [}t -(- t)/Tm ) (2)

and

h(V, t) = ho(V) - [h-(V) - ho(V)] exp [-(t - At)/rh) (3)

.

am (4a)
am + a8m

h,,, °ah (4b)
ah + Oh

Tm = 1 (5a)
am + f#M

BIOPHYSICAL JOURNAL VOLUME 32 1980780



1

ah + Oh (5b)

The value ofm at the beginning of the test pulse was set equal to zero and h was assumed to inactivate
fully to zero in the steady state. The initial value for h was taken from the experimentally determined h.
curve. A delay time, At, of 125 ,s was included in Eqs. 2 and 3 to account for the finite rise time of the
voltage-clamp pulse and to provide a better fit to the experimental data.'
A nonlinear curve fitting routine, PRAXIS (Brent, 1978), selected values of rTm, Th, and m., to

minimize the sum of the squared error of datum minus theory. From these values, the corresponding
values for am, ftm. and #h were then determined.

Computer Simulations
Membrane currents in response to step changes in command potential for a membrane patch with and
without a series resistance were computed using Eqs. 6-14 to describe the membrane current. The
computer program was similar to that published by Palti (1971) for reconstruction of membrane action
potentials, except that the membrane current computed at each integration step was applied as a
controlling current which caused the recorded membrane potential (sum of the true transmembrane
potential and the IR drop across the series resistance) to follow the command potential.

RESULTS

Noise analysis of the input impedance of preparations similar to those employed in the present
studies show the preparation to behave electrically as a lumped, parallel resistance capaci-
tance; none of the membrane capacitance appears to be in series with a resistance or in
distributed form, at least in the range of frequencies in our voltage-clamp analyses (Mathias
et al., 1980). An effective resistance in series with all the membrane capacitance does appear,
however, if the voltage electrode is inserted close to the current electrode, that is, within the
three-dimensional electric field about its tip (for discussion of this point, see Ebihara et al.,
1980). As was pointed out in that paper, the stability of the voltage-control system was
improved when a series resistance of this kind was introduced by approximating the current
and voltage electrodes, and such resistance then compensated for by the use of positive current
feedback. Analysis of the kinetics of the sodium current was ultimately limited by the speed
with which the input capacitance of the preparation could be charged to a new potential. Too
much positive current feedback or too little series resistance (the voltage electrode too far
from the current electrode) resulted in a ringing (oscillatory) response which partially, if not
totally, obscured the activation phase of the sodium current. However, in a few preparations
we could reduce the series resistance to small values (<50 kf2) without ringing. Kinetic data
from the most completely analyzed preparation are presented here. Similar values for the
activation and inactivation time constants were obtained in three other preparations.

Passive Parameters

The initial capacitive current transient after a step in command potential reached its peak in a
time determined by the rise time of the voltage clamp system. As shown in Fig. 1, the fall of
the current could be fitted by a single exponential with a time constant of 65 Ms. The total
input resistance, determined by measuring the current associated with a small (-10 mV)

'Kootsey, J. M., and E. A. Johnson. 1980. Manuscript submitted for publication.

EBIHARA and JOHNSON Fast Na Current in Cardiac Muscle 781



u t

1~U

C~~~~~~

-215 Li'i.v-* J4 ;

I 'I*ln mas

FIGURE 1 Response to a hyperpolarizing potential step to -95 mV. +, experimental results; solid line,
exponential fit of the declining phase of the current. Holding potential, -60 mV.

hyperpolarizing step in command potential from a holding potential of - 60 mV, was 2.9 Mo.
The input capacitance, estimated by integrating the capacitive transient (extrapolated to zero
time), was 1.2 nF. The input capacitance was again measured by estimating the membrane
area from the diameter and general morphology of the preparation. Electron microscopic
studies have shown that - 15% of the preparation consists of extracellular space and that the
average value of the surface area of membrane per unit volume of preparation is 8,000 cm-'
(footnote 2). Using these values, the observed diameter of 75 ,m, and a specific membrane
capacitance of 1.3 AsF/cm2 (Mathias et al., 1980), and neglecting the contribution of
nonmuscle cells, we computed, for the preparation from which the chosen data were obtained,
a total membrane area of 1.47 x 10-3cm 2 and a corresponding input capacitance of 1.9 nF.
The series resistance giving the capacitive time constant of 65 ,us for this value of input
capacitance is 34 kg.

Sodium Conductance
The form of the functional dependence of the peak value of 9Na on the membrane potential at
which it is measured can be determined by plotting the ratio of peak INa/(V - VNa) against
membrane potential, as shown in Fig. 2. These peak values of gNa are relative to the maximum
value obtained at the holding potential of -60 mV. The conductance displays a voltage
dependence similar to that observed in other excitable tissues. For small depolarizing steps, it
increases e-fold for a 4.3 mV change in potential, leveling off at potentials positive to -15
mV.
A quantitative description of the voltage and time dependency of the current was obtained

in the manner flrst described by Hodgkin and Huxley (1952). The sodium current, INa, was

2Lieberman, M., and W. Adam. Unpublished data.
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FIGURE 2 Peak sodium conductance normalized with respect to the maximum value obtained. Holding
potential, -60 mV.

considered to be given by the following equation:

INaa .gNaMh(V- VNa), (6)

where -Na is a constant (millisiemens), VNa is the sodium equilibrium potential, and m and h
are independent, first order, dimensionless variables, which can vary between 0 and 1 as
defined by the following differential equations:

*;' O tiZlnm) (7)

dt '
dh ah(1 h) f3hh, (8)
dt

in which am,eahk soum,and uth are inoatantaneous functions of membrane potential such that
solutions of Eqs. 6-8 fit thetinV-eoFse of the sodium current at a variety of potentials.
The maximum rdedm condistance, was determined in the following way. The

steady-state value of mn, mn. wpis set equal to unity over thg range of potentials where the peak
current was a linear function of potential, i.e., where gNa wits at its maximum and independent
of potential. The exponential decay of current at thesepsodptials was extrapolated back to the
beginning of the step to give iNaho, where ho is the initial y&Jeo .h aleqeecmue

are independent, first~orer dienuels ofibls wi h .can valueb¢weren cOmputd1

from Eqs. 13 and 14 derived below. The value of 4c,4ermined in this fashion for the
preparation chosen for analysis here, was 23.0 mS cmA9 Pata from two other preparations
gave values of 19.5 and 23 mS cm-'.
A value of +o29 mV was arrived at for VN. byds:aining the potential at which the

current transient changed in sign. Fig. 3 shows the data used in curve fitting. The dots are
data points, whereas the solid lines are solutions of Eqs. 1-3. Table I gives the values of the
parameters used in the fitting of the data.
The dependence ofm,,. and of temon membrane potential are shown in Figs. 4 A and B,

EBIHARA and JOHNSO4 Fast Na Current in Cardiac Muscle 783



-1
40.0eV

IH A

--d osAt ----90--WA#

30.

-H

-H-

-10.0

25.0

20,0

150

10,0

510

0.0

-5.0

4ms

FIGURE 3 Current response to depolarizing steps in command potential. *, experimental points; solid

lines, computed from I jN.m3h(V -VNa). Data points occurring earlier than three time constants of the
initial capacitive transient after its peak were omitted. Holding potential, - 60 mV. Reference bars to left
of each trace, zero current and zero time.
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TABLE I
CONSTANTS USED IN

COMPUTER SIMULATIONS

Cm 1.3 AF/cm2
&Na 23.0 mS/cm2
VNa +29.0 mV
MO 0.0
ho 0.18

respectively. Fig. 4 C shows the extrapolated rate coefficients, am and (3m. The solid curves in
Fig. 4 C were determined from the following equations:

0.32 x (V + 47.13)
am= 1 -exp (V + 47.13)

Om = 0.08 x exp (-V/il),

(9)

(10)

where Vis in millivolts, as were the solid curves in Figs. 4 A and B.
The dependencies of the corresponding parameters for inactivation on membrane potential
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FIGURE 4 (A) Steady-state activation curve. Solid line, computed from Eqs. 9 and 10. (B) Time constant
of activation, -r(ms), as a function of membrane potential. Solid line, computed from Eqs. 9 and 10. (C)
Rate coefficients of activation, am (+) and ftm (0) as functions of membrane potential. Solid lines,
computed from Eq. 9 (am) and Eq. 10 (flm).
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FIGURE S (A) Time constant of inactivation, rj,, as a ftunction of membrane potential. Solid line is
computed from Eqs. II and 12. (B) Rate coefficient of inactivation, Xl, as a function of membrane
potential. Solid line, computed from Eq. 12.

are shown in Figs. S A and B. The solid curve in Fig. S A, for V >- - 40 mV, is described by the
equations

Ah = O 11

Oh 0.13 4exp[(V + 10.66)/ - 11.1] + I

ah was set equal to zero for V> -40 mV, since previous studies of steady-state inactRiffton,
vs. potential (Ebihara et al., 1980) have shown that h>o is zero for potentials more positiVY than
-F50mV. Eq. 2 was also used in the calculation of the solid curves in Fig. SB. At pbtentials
positive to -I0OimV the sodium current activated too rapidly for the peak currelt- td be
resolved from thEecapacitive transient. However, it was still possible to resolvethoemfalling
phase of the sodium current and thereby determine values for Trh for membrane potentials up
to +40.0 mV.
No currents'were elicited in response to depolarizing steps negative to -45 mV.

Consequently,v.lues for ah and hat these potentials were computed from double potential
(conditioning and test) step data over this poten.tial range. Fig. 6 A shows the steady-state
inactivation curve as a function of membrane potential for the preparation analyzed here. Fig.
6 B shows the corresponding rate coefficients, ah and Ah for potentials equal to and more
negative than - 40 mV. The solid lines in Fig. 6 C were computedus-ng the expressions,

Alh= 3-56 x exp (0.079 V)=03.1 x 1exp (0.35 V) (13)

ah = 0.135 x exp 10-66V)/6.8]. (14)
The solid lii toin Figs. 6 A and B was als ncmputed from Eqs. 13 sand 14. For meinbrane
potentials ide positive than-145 mV, thefsite coefhicient, Oh, deterniined from double-pulse
data, tended to converge with the rate coefficient,iah, determined fro the single-pulse data.

Series Resistance
Even thougmthe preparation appears to behave, electrically, as i lumped electrical circuit,
indicating that there are no significant variations in transmemm bane potential within the
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TABLE II

VALUES USED TO COMPUTE RATE COEFFICIENTS

Potential m_r hc° Th Th*

(millivolts) (milliseconds) (milliseconds) (milliseconds)
-80 0.96 8.65
-75 0.88 11.6
-70 0.70 21.4
-65 0.42 25.3
-60 0.19 - 21.3
-55 - 0.07 20.0
-50 - 13.8
-45 0.0 9.02
-40 0.46 0.20 0.0 1.64 2.36
-37.5 0.58 0.19 1.28 1.14
-35.0 0.69 0.2 0.0 0.85 1.14
-30.0 0.83 0.15 0.0 0.66 1.18
-25.0 0.94 0.13 0.0 0.43
-20.0 0.96 0.11 0.0 0.33
-15.0 0.96 0.09 0.0 0.32
-10.0 1.0 0.09 0.0 0.23
-5.0 1.0 - 0.0 0.26
0.0 1.0 0.0 0.22
5.0 1.0 - 0.0 0.16

10.0 1.0 - 0.0 0.16
15.0 1.0 0.0 0.15
40.0 1.0 0.0 0.13

*Time constant of inactivation determined by a double pulse method.

the holding potential from -60 to -65 mV, no change in time to peak or time constant of
inactivation was observed.

DISCUSSION

Models of the generation of the cardiac action potential (McAllister et al., 1975; Beeler and
Reuter, 1977) have had to include ad hoc assumptions as to the kinetics of the sodium
channel, because until recently there has been no firm experimental evidence on which to base

il-v-~~Ka t--- ----*8-s
-20~~~~~~~~~~~~~~~

Time a,Ie Tim a
Time 11n 08' Timie inm me

FIGURE 7 Effect of series resistance on the time-course of the inward current computed as described in
the text. (A) -40 mV, (B) -20 mV.
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FIGURE 8 Comparison of time constants Tr (A) and Th (B) as a function of membrane potential for (+)
squid axon at 150C (Hodgkin and Huxley, 1952) and (0) cardiac muscle (cultured cluster) at 370C.

such assumptions. Although the starting point of all the models has been the Hodgkin-Huxley
equations, the characteristics of the sodium channel were greatly modified when kinetic
parameters were manipulated to agree with what little experimental evidence was available.
For example, the ratio of inactivation to activation time constants, Th/Tm, in the range -40-0
mv, is 3-5 for the squid, whereas it is 32-63 in the model of Beeler and Reuter (1977) for
mammalian ventricular muscle, and 28-104 in the model of McAllister et al. (1975) for
ungulate Purkinje fibers. Moreover, the maximum sodium conductance, gNa, is 120 mS cm-2
in the squid axon, whereas in the model of Beeler and Reuter it is 4 mS cm-2.

In our kinetic description of the fast sodium current presented here, the ratio, rh/Tm, is
similar to that of the squid axon, varying from 8 at -40 mV to 2.6 at -10 mV. Moreover, the
dependency on potential of the observed and theoretical values of the time constants, Tm and
Th, at 370C, is similar to that of the squid at 150C, except that the magnitude of the time
constants for the squid are slower than for the heart, as evident from Fig. 8. As in the model of
Beeler and Reuter (1975), we found gNa to be considerably smaller than that of squid.
Furthermore, our curve for steady-state inactivation as a function of potential is shifted - 12
mV in the hyperpolarizing direction as compared with that of squid. Consequently, there is
almost no overlap between the m, and ho. curves, with the sodium current inactivating
completely at all potentials. Similar findings were reported by Colatsky and Tsien (1979) in
rabbit Purkinje strands and by Dudel and Rudel (1970) for sheep Purkinje strands.
Weidman's results (1955) also suggest that h., is very small at potentials positive to -40 mV.
This result differs from the findings of Gadsby and Cranefield (1977) and Attwell et al.,
(1979) which predict a steady-state TTX-sensitive ("window") sodium current in cardiac
Purkinje fibers.
The quantitative analysis presented here is consistent with the statement of Ebihara et al.

(1980) that cardiac muscle and the squid giant axon share the same kind of permeability
mechanism. We should point out, however, that the time resolution of the activation data is
insufficient to show the necessity for m3 kinetics.
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